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ABSTRACT

The paper analyzes the final proof with Greek
mathematics and the possibility of intermediates
in the Phaedo. The final proof in Plato’s Phaedo
depends on a claim at 105¢6, that povdg, ‘unit’,
generates mepirtdg ‘odd’ in number. So, Yoxn

‘soul’ generates {wH ‘life’ in a body, at 105¢10-11.

Yet commentators disagree how to understand
these mathematical terms and their relation to
the soul in Plato’s arguments. The Greek math-
ematicians understood odd numbers in one of
two ways: either that which is not divisible into
two equal parts, or that which differs from an
even number by a unit. (Euclid VII.7) Plato uses
the second way in the final proof. This paper
argues that a proper understanding of these
mathematical terms within Greek mathematics
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shows that the argument for the final proof is
better than previously thought. Such an inter-
pretation of the final proof lends credence to

Platonic intermediates.

Keywords: soul, number, the Odd, the Even,
unit, immortality, Phaedo, intermediates
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At the end of ‘Equals and Intermediates in
Plato’, John Rist concludes that the attempts
to show Plato held a doctrine of intermedi-
ates in the dialogues should be suspect, yet
admits that in some passages, ‘Plato appears
to discuss a plurality of non-sensible povadeg.”
While it may prove problematic to uncover a
‘doctrine’ of intermediates in the dialogues, it
is equally problematic to understand his argu-
ments without attention to Plato’s use of math-
ematical concepts. I explore Rist’s suggestion
by analyzing three passages in the Phaedo, that
non-sensible units may indicate intermediates,
mathematical objects between Forms and sen-
sible objects?.

The Greek conception of 4ptBudg, ‘num-
ber’ as a limited multitude (Euclid VIIL.2) is
crucial for understanding Plato’s use of sensi-
ble and non-sensible multitudes in the argu-
ment for the final proof of the immortality of
the soul.” The final proof relies on an anal-
ogy between the presence of life in the soul
determining the soul’s immortality and the
presence of povdgin an dpiOuog determining
three’s being odd. The analogy, as I under-
stand it, is this: just as povag is a sign that a
number is odd, yvyn is a sign that a body is
alive. The Greek mathematicians understood
odd numbers in one of two ways: either that
which is not divisible into two equal parts,
or that which differs from an even number
by a unit. (Euclid VIL.7) Plato in the Phaedo
at 105¢6 is clearly using the latter definition.
We should apply this second definition to the
analogy in the final proof: the left over monad
in odd apBpoti is analogous to the life bear-
ing soul that makes a composite body and
soul alive.

In Greek mathematics, one of the limits in
an &pOuog is how it can be divided, whether
that division is equal or unequal, these divi-
sions were called dptiog ‘even’ and mepitToC

‘odd,” respectively. This is why Plato under-
stood the unit ‘left over’ from an equal divi-
sion of multitudes to entail necessarily that the
multitude is “odd.” (Euclid VII.7) We can see
why Plato would use Greek mathematical no-
tions to argue for the immortality of the soul.
Just as there is nothing intrinsic that makes
a body alive, there is nothing intrinsic to a
number — only to an even one — that makes
it have an equal collection of units. Yet there
is a necessary connection with a soul’s par-
ticipation in the Form Life, which makes the
soul ‘alive’, just as there is a necessary connec-
tion with a unit’s participation in the Form
0Odd, which makes the unit ‘odd’. This is how
the ‘safe’ hypothesis at 100b5-8 and the ‘safer’
hypothesis, the ‘subtler’ answers at 105b8-c2
come together. The subtler answer tracks why
the soul makes a body alive, and the original
safe answer tracks why the Form Life makes
the soul alive.* Analogously, the subtler answer
tracks why the unit makes an 4piOuog odd, and
the original safe answer (presumably) tracks
why the Form Odd makes the unit odd. What
my analysis shows is that Plato’s argument for
the immortality of the soul depends on the
Greek mathematical understanding of num-
ber, and moreover, if [ am right, makes room
for what Aristotle called t& pa®npatikd, and
attributed them to Plato, who supposedly held
these objects to be t& peta&d, between Forms
and sensible particulars.®

I first discuss the passage at 103e9 to
104b4, where Socrates demonstrates an
expansion of his initial hypothesis given
at 100d4-7. The initial hypothesis is that
all F things are F by virtue of participating
in the F. In the expansion, Socrates claims
that there is something else that is not the
F, but nevertheless is called F by virtue of its
character. (103e2-5) Socrates demonstrates
the claim with numbers, separating the odd



from the even. Yet the two series of number do
not completely line up. In the Greek, the odd
numbers are in the feminine singular while
the even numbers are in the neuter plural.
I examine these two series of number, and
argue that the differences between these
two demonstrate essential and non-essential
characteristics, aligning with two ways of
being for number. These differences are
important for understanding the analogy
in the final proof, that three is odd as soul
is alive, and their two ways of being, itself
by itself and with extended objects. Then I
examine the passage in the Phaedo at 105¢6,
where Socrates discusses the subtler answers,
and present interpretations from other
commentators to show that how the term
povag is understood makes the difference for
evaluation of the final proof. I provide my own
translations, however I encourage the reader
to compare several different translations. Here
I discuss povdg, aplOudg, mepittdg and dptiog
within the context of the passage, and then
go on to examine the logic of the final proof.
I argue that Plato seamlessly changes from
a collection of three things (ta tpia) to the
character of being three (] Tplag), that these
arithmoi are collections of things in the first
case and a collection of Form characters, or
‘units’ in the second case. Scholars tend to take
1 Tpiag as a Form, and posit Form numbers for
Plato. However, this is a mistake. If three is an
arithmos, it cannot be a Form. There are no
Form numbers, when numbers are understood
to be a limited multitude.®

FIRST PASSAGE

In the first passage under discussion,
Socrates distinguishes the Forms Odd and
Even from their instantiations. The first line
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of numbers is odd ‘by nature’, the second line
of numbers is even but Socrates leaves out the
‘by nature’ qualification.” The other distinc-
tion he makes that few commentators point
out is that the odd line of numbers is in the
feminine singular whereas the even line of
numbers is in the neuter plural. This is from
103e9 to 104b4:

[T1]
TOo0TO yap épwtd — f kai dAAo Tt o €

Apa povov TOvV dviov —

OTL gV ovY Omep TO MEPLTTOV, OpwG 8¢
Oel adTO peTd TOD £€aVTOD OVOUATOG K
at todto kaAelv del S1d 10 oVTW MEPLK
éval ®ote Tod meptrTod undémote amno
AeineoBai; Aéyw 8¢ avtd elvar olov ka
i 1) TpLag mémovOe kai &AXa MOAAG. ok
omel 8¢ mepl TAG TpLtadog. dpa ov Soke
100l T® Te abTAG OVOUATL del mMpooayo
pevtéa eivat kai 1@ tod mepttTtod, OvT
06 ovy Omep TG TPLddog; AN Spws o
UTwg MEPUKE Kal 1] TPLAG Kal 1) TEUTTA
G Kai 0 fjtovg Tod dpBpod dnag, dote
oVK @V Omep TO TEPLTTOV Al EKAOTOG A
VTOV 0Tt TEPLTTOG Kai ad Ta dvo kai
& TétTapa kai drag 6 étepog ad otixog
Tod 4plOpod odk v dmep TO EpTiOV
OHwG EKOOTOG DTV APTLOG E0TLY A
el- ovyxwpeig fj oU;

Is it the case then that there are only
these beings — for this is the question
you must answer — or rather is there
something else which is not the Odd,
but all the same it is necessarily with
its own name and this always is called
odd on account of its nature, with the
result that it is never separate from the
odd? I mean the triad to be in this way
and the many others. Consider the triad.
Does it seem to you to always be with its
own name and to be odd, not just being
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three? And so it is this way by nature too
the triad and the quintet and the whole
half of the multitude, with the result
that none are the Odd, but each of them
is always odd; and again the twos and
the fours and the whole other line of
number, none is the Even, nevertheless
each of them always is even. Are you in

agreement, or not?

There is much disagreement in the litera-
ture with respect to these two lines of num-
ber. Some take it for granted that Socrates is
talking about the same line of number, as if
he were simply talking about the cardinal or
natural number system: 0, 1, 2, 3, 4, 5, etc.
That assumption, however, doesn’t acknowl-
edge the differences that Socrates makes not
just with the odd and even numbers, but the
number in kind. Also, our cardinal numbers
begin with 0, which at the time of Plato the
Greeks didn’t have.® Many assumed in the
Phaedo that 1) tpiag (104a4, 104a8, 104e5,
104e8), tpia (104c3), tptoiv (104d6) and
Ta tpila (104cl, 104el, 104e3, 106al, 106b5,
106¢5) are the same in that they all mean
‘three’ and are just simply, ‘three’’ While it is
true that these terms all designate ‘three, it is
quite possible that when Plato writes 1} tpiag,
he either means the Form three or a triad (an
ontological difference to be sure), accessible
to the mind, and that when he writes ta tpia
he means a trio of bodied particulars, what we
see in the sensible world." In fact, these two
kinds of number line up with other passages
in Plato’s dialogues, Republic VI 510e5-511a2,
VII 525a7-c6, Theaetetus, 198c1-2, Philebus
56d4-57a4, where number comes in kinds and
for different purposes. So when the Greek
text in the Phaedo at 104a-106¢5 switches in
gender and number for the number three,
for example, we should not assume, as many

have, that these numbers share the same on-
tological status.! Instead, we need to ask what
these changes mean for the argument that
contains them.

I suggest that the passage under considera-
tion, 103d9-104b7, uses not one but two dif-
ferent lines of number, if we were to take the
differences in number and gender seriously.
The objects Socrates discusses, what we call
odd, 10 meptrTodV, are not the Form, yet he
points out that we always call them odd on ac-
count of their nature, 81& 10 obtw Meukévat,
because the odd never leaves them. Such is
the nature of the triad, quintet, and the half
of the whole multitude; 1 tptag, 1 meuntag
Kai O fjtovg 1o dptBpod dmag, 104a7-bl. As
mentioned before, this halfis in the feminine
singular. Ronna Burger points out that this
line of number is odd by nature and the ‘by
nature’ designation is explicitly made for the
odd numbers, whereas when Socrates dis-
cusses the other line of number, the even, 10
dptiov, the “by nature” designation is explic-
itly left out.”” Admittedly, there is much we
don’t know about these two lines of number.
The odd numbers he lists here may not be
inclusive of every number, or they may be.
The same is true for the even numbers he lists.
What we do know, though, is that the odd
numbers he lists are odd ‘by nature’ and that
these are designated in the feminine singular.
In contrast, the even numbers that he lists
are not even by nature, or at least he doesn’t
say that they are, and these even numbers are
designated in the neuter plural. Burger has
argued that the reason the even numbers are
not by nature even is because being even is
simply that which is capable of being divided
into two equal parts, and this is common to
not just numbers but also infinitely divisible
magnitudes.’* What her account entails then
is that only discrete and countable numbers



containing units can be odd. Burger assumes
that Socrates is talking about the same number
line and doesn’t account for the differences
in number (i.e. singular and plural) of the
two lines. Moreover, Burger’s account leaves
out the first disjunct of Euclid’s definition of
odd in Book VII.7, that in contrast to an even
number, the odd can also be that which is not
divisible into two equal parts. What is more
probable and what I offer here is that the ‘by
nature’ designation for meptttog in the first
line of dplOudc means to establish a neces-
sary relation with an object and its essential
characteristic, and that the leaving out ‘by
nature’ may mean an accidental relation, not
necessary to the objects themselves."

If this is right, then Socrates is not distin-
guishing the nature of odd and the even, two
aspects of arithmos, rather, Socrates is distin-
guishing the nature of two kinds of number:
whether they are themselves by themselves or
whether they are connected to a composite, to
abody. These ta tpia are odd not by nature, in
contrast to the cases of 1} TpLdg, 1) mepnTAC KAl
0 fuovg 10D dplduod dmnag, at 104a7-bl, which
are odd by nature. We call three objects odd,
as with the neuter plural even numbers listed
at 104b2-3, but these composite objects are not
their number by nature, but by the number
they happen to have. I take Burger’s point that
the first line of number at 104a7-8 is odd by
nature, but not because of the nature of odd
numbers, but because of the nature of abstract
numbers, numbers ‘themselves by themselves,’
separate from their sensible objects. My view
leaves open the possibility, in contrast to Burg-
er’s interpretation, that even numbers are also
even by nature if they are even in the abstract.
Magnitudes and counted objects, which are
necessarily composite, are not odd or even by
their nature. In other words, when you have
a solid or when you have a bundle of objects,
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you only discover an odd or an even number
when you further limit the multitudes into
those which can be equally divided and those
that cannot.

SECOND PASSAGE

Socrates prepares for the analogy of povdg
and yvxn in our second passage at 105b8-c6.
Note that this passage is where Socrates tran-
sitions from the safe hypothesis to the more
subtle hypothesis posited here.”” This subtler
hypothesis claims that there is something else
in addition to the F that generates character-
istics in objects:'

[T2] €i yop €poto pe @ &v ti év 1) odp-
att €yyévnrat Oeppov €otat, o TNV &o-
@AA ool Epd ATOKPLOLY €KEIVV TNV
apadi, 6Tt @ &v Beppuotng, AAAd Kop-
yotépav €k T@OV vV, 6Tt @ &v mhp- od
8¢ &v &pn @ av owpatt T EyyévnTal
VOOT|0€L, OVK €p@ 8Tt @ &v vOo0g, AN
@ &V TUPETOG 008 @ &v Ap BN T EyyevnT-
atL mepLtTog £0TaL, OVK Ep@ @ &V TEPLTTO-
™G, AAN @ &v povdg, kai TdAla obtwe. &-

> o

M 6pa gl )81 ikavdg olo® T fovlopat.

So, if you were to ask me by whichever
thing in a body would generate heat, I
would not give the safe answer that is un-
learned, that would be heat, but a more
sophisticated answer from those now,
fire; nor if you were to ask me by whi-
chever thing in a body generates illness, I
would not answer illness, but rather fever;
nor if you were to ask me by whichever
thing would generate odd in an arithmos,
I would not answer that of oddness, but a
unit, and the others, too, in this way. But
see whether you already grasp sufficiently
what I want you to know.
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In T2, Socrates gives three examples that
generate characteristics in things, and these go
beyond the safe hypothesis given at 100c-101c.”
The first two examples should be distinguished
from the third, as the first two are about affects
in bodies, and the third is about affect in an
arithmos, which may or may not be bodied.
Moreover, when Socrates makes the final steps
in his last proof for the immortality of the soul,
he doesn’t use fire, fever or even heat, for that
matter, but the Forms Odd and Even and the
numbers three and two. (105¢9-¢9) In any case,
the first two examples use fire and fever to
generate heat and illness in bodies, and note
that bodies are extended objects."® The third
example is about the generation of an affect
in an dpBpog, which need not be an extended
object. While the point seems obvious, it would
be beneficial to try to understand Plato’s choice
of arithmos here within the context of Greek
mathematics.

Arithmos is what we tend to translate as
‘number’, but the concept of Greek number is
much different from our own, the proper defini-
tion is a limited multitude. (Euclid VII.2) Plato’s
use here is that the povag generates meptttog,
the “odd” in a multitude. Recall from before that
the definition we get from Euclid for nepittdg
comes in a disjunction, the ‘odd’ is that which
cannot be divisible in two equal parts, [or] that
which differs from an even number by a unit.
(Euclid VIL.7) Note that the first disjunct in-
cludes magnitudes or extended objects such
as lines, planes and bodies, as well as discrete
units but the second disjunct could only apply
to discrete comparable units. It is important for
us to realize that arithmos can be any collec-
tion of units, or a collection of sensible things
depending on the context, but what arithmos
cannot be is a Form.” Why arithmos cannot
be a Form is that, by definition, arithmos is a
‘many’ and so cannot be ‘one’. While povdg is

said to be ‘one’ and follows the first definition
in Euclid VII, monas is that by which each thing
is called ‘one’, different interpretations have led
to different understandings of T2, which lead
to more or less negative evaluations of the final
proof. Part of the interpretive issue in T2 is how
commentators have understood povag within
the context of the passage.

In Greek, povag could be understood as
‘unity, ‘oneness, ‘one,’ or a ‘unit.’ Often these
terms are used interchangeably. I defend here
the ‘unit” in T2. I'll briefly go through the
first three possibilities before I give my own
account. Movdg understood as ‘unity,” im-
plies that the whole is a singularity, a ‘one’
without parts (Philebus 15b1-8, Parmenides
137¢6-d3), in other words, the totality of one.
Yet ‘unity’ in our parlance, implies parts, just
like a whole implies parts. Not only does unity
without parts sound like a contradiction, it
does not get us any closer to understanding
Plato’s choice of povdg in T2. ‘Oneness, is
that aspect of being ‘one’, which can also be
another word for 10 €v, the Form One. But it
is not simply one that is under consideration
here, but the unit and its relation to a multi-
tude. ‘One’ for the Greeks is that beginning
from which we count, but it is not something
to be counted (Laws 818c4-6). While we think
of ‘one’ as the first natural number, it can-
not be stated too often that ‘one’ is not an
apBpog for Plato, as it is not a multitude.?
Ap1Oudg, which is a plurality, is that which is
T petald, ‘between’ one and the unlimited.
(Philebus 16c10-e2) The reason why we should
take povdg to mean ‘unit’ at 105¢6 is due to the
necessary connection that the single unit has
to mepirtog after a plurality of units have been
divided into two parts. When the two parts
are equal to each other, the whole &p1Buog is
said to be dpTiog, ‘even’. (Laws 895e1-8; Euclid
VIIL.6) When the two unequal parts differ by



a single unit, the whole ap1Bpog is said to be
neptt1o6. (Euclid VII. 7)

Remember that any multitude can be a
kind of &piBpodg, and can be divided equally
or unequally. We already saw two kinds of
arithmos in our T1 passage, distinguishing
abstract odd arithmos from embodied even
arithmos. Likewise, there are unit, plane, and
solid arithmoi. In the Euthyphro, Plato uses
for example an isosceles arithmos, what we
call an ‘isosceles triangle’. Plato says there
at 12d8-10 that the isosceles is also &pTtiog,
which must mean that an isosceles triangle
can be divided equally, whereas a scalene tri-
angle cannot. In the Theaetetus at 148a6-9,
where Plato introduces to us the problem of
incommensurables, o0 ocvppétpovg, he has
Theaetetus discuss square and oblong plane
4ptBpoi — these are multitudes of units ar-
ranged in the shape of rectangles, formed by
the product of like numbers or unlike num-
bers.?! While meptrtdg and &ptiog can be
predicated to any object, to any multitude, it
is only the lone povdg that is left over from
what can be equally divided as ‘discrete and
indivisible units’ that marks meptttog in that
kind of &ptBpodc.”? Though povag itselfis not a
number, it is still mepitt66.2* Why this would
be true for the Greek mathematicians can be
found in Euclid IX, proposition 27.>* Tradi-
tionally povdg has not been understood quite
this way in the passage under consideration.

Movag Interpretations in T1

There are scholars who try to understand
monas within the confines of the arguments
in the Phaedo without attention to the Greek
mathematical understanding of monas and
arithmos. Burnet says that monas means here
‘unity’ but then he finds fault with Plato’s ar-
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gument. In a note he says that ‘there are other
odd numbers than the number one’? Burnet
takes ‘unity’ to mean ‘one’, a common under-
standing of the term. Yet as noted before, ‘one’
could not be an arithmos for Plato, since one
is not a multitude. One might think that an
advantage to Burnet’s account is that if “‘unity’
were identified with ‘one’ then monas would be
sufficient to generate the odd in arithmos. Yet
Plato is not looking for a sufficient generation,
since at 105d1-3 he will need to use an exclu-
sion of a specific opposite for the final proof,
something that will necessarily exclude death
from the soul, just as he needs something that
will necessarily exclude the even in a particular
arithmos. The crucial turn in the final proof
is at 105d6-12, where soul necessarily excludes
death. So whatever has soul is not dead. But
to prove that the soul is immortal, &8dvartocg,
Socrates must show that soul is the kind of
thing that exists separately from the body, and
never admits death. As Kanayama points out,
dbavartog does not simply mean ‘alive’ it means
not admitting death.?® Whether it is the case
that fire and fever only apply to extended ob-
jects or something else, Socrates leaves these
subtle answers, and focuses on three being odd
by the unit in the final proof. Yet there are more
ways commentators have thought about povag
in the T2 passage.

Bluck says that povdg is ‘oneness’ but
leaves ‘oneness’ out of his analysis of the final
proof.” ‘Oneness’ might work for a genera-
tion of meptttog if we understand mepittog as
that which cannot be divided into two equal
parts. We’d have to understand ‘oneness’ here
as something that cannot be divided at all for
it to be in harmony with the account of the
odd in Euclid VIL.7. Yet, ‘oneness’ alone would
not generate meptttdg in an dplOpog since an
arithmos is more than one and so can be di-
vided. In other words, ‘oneness’ could not be
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applied to a multitude. Nor can povég be un-
derstood as a Form, as Hackforth did, though
interestingly in his text he translates povdg as
‘unit,” and explains the analogy in this way:
Just as povag brings up mepittoTng and ex-
cludes aptiotng, so yuxn brings up {wr and
excludes Odvatog. All these are Forms.?® It
doesn’t make sense for a unit to be a Form, as
there are multiple units in an apiOuodg, and if
what Plato says about forms at 78d1-d7 holds,
then a Form can only be povoeidég 6v avtod
kab’'adto, as Bluck translates, ‘being of sin-
gle Form when taken by itself,* — there can
only be one of its kind, not many. Yet I agree
with Hackforth when he says that povag ex-
cludes &ptiog by being the unit ‘left over’ in the
middle.?® This, in fact, is closer to the second
disjunct of the definition of odd in Euclid’s
Elements VIL7.

There are others who completely leave out
monas in their evaluation of the final proof and
not surprisingly their evaluations often claim
that the final proof fails.*! Bostock leaves out a
discussion of povag altogether in his analysis
of the analogy of soul being alive and three
being odd, and he claims that three must be
a Form.” This leads to interpretive grief for
Bostock, as he says the more subtle causes are
‘a mixed lot™ some being Forms, others being
Forms-in-somethings and others being physi-
cal stuffs. Bostock says that they give us little
guidance as to how to understand the most
important cause, soul.”” Schiller, though he
suggests intermediates, leaves out a discussion
of povag.* Yet it is precisely povag, as itself
by itself, and as a collection of equally divided
units that give us the designations t0 dptiov
and 10 mepttTov. As demonstrated previously
in the T1 passage, the multitude here can mean
sensible or non-sensible objects, whatever
can be ‘counted’, whether that is through our
senses or through thought, whether what are

counted come from extended or non extended
objects.*

To recap, for the Greeks and for Plato, most
importantly, number, i.e., arithmos, is a limited
multitude — it is what can be counted. We see
evidence for this in the Theatetus at 198c4-6,
where Theatetus agrees with Socrates that ‘we
should take counting to be nothing other than
seeing how many (posos) any number happens
to be’: 10 8¢ dpBpeiv ovk dANo TiBnoopev TOD
okomeloBat T6ooG TIg AplOpog TVYXAveL V. So
one as such is not a number because there is
not a multitude in one, but simply, one unit,
the monad, 1§ povdg. The unit is by means of
which we count, but it is not what is counted.
On this view, two begins the number series. We
see ‘two’ beginning the number series in the T1
passage at 103e9 to 104b4. Every number is not
just a limited multitude, but every countable
number also contains comparable units equal
to themselves.* Units are ta {oa ‘equals’ to one
another in a multitude. Moreover, we should
remember that Plato avails himself of more
than one kind of number. In his Republic at
525 b-d Plato distinguishes pure number from
counting things that you can see and touch.
The passages in Plato’s Euthyphro, Theaetetus,
and Philebus previously discussed demonstrate
that povdda, ‘units’ are counted, but the kind of
objects counted, determine the relations among
units, and these relations are determined by
Forms. For now, what is important to conclude
about passage 105c4-6 in the Phaedo is that
Plato has a very specific relation of povada
and their &pOpog and the Forms nepitrtog and
dptiog in mind for the final proof.



THIRD PASSAGE

The third and last passage under considera-
tion is the argument by analogy in the final
proof (105¢9-105€8):

[T3] Amokpivov &1, & 8¢, @ &v tiéyy-
évnrat copatt (ov Eotat;

Quav yoxn, €on.

Ovxodv dei TodTo oVTWG EXEL;

IIdg yap ovxi; n & 6.

Yoyxn dpa 8t dv adTh
KATAoX1), del fikel e’ ékeivo
pépovoa {wiv;

“Hkel pévrot, €.

[Totepov § ot Tt {wi] évavtiov fj 00-
8év;

"Eotwy, E€@n.

Ti;

®dvatog.

OvkoDV Yuxn T Evavtiov @ advTh émt-
@épeLdel o0 pn ote SéEnTal, WG K TOV T
pocBev wpoloynrat;

Kal péAa opodpa, €pn 6 Képng.

Ti odv; O pr) dexopevov Ty tod dpti-
ov i8éav ti vuvdr wvopdlopev;

AvapTtiov, €.

To 8¢ dikatov pr Sexopevov kai d &v pov-
otKoOV pny Séxnray;

‘Apovoov, £€@n, T0 8¢ ddukov.

Eiev- 6 8 &v Oavatov pn Séxnrat ti kal-
ovpev;

ABd&vatov, €.

OvkoDV Yoxn ob Séxetat Bavatov;

Ov.

AbBavatov dpa yoxn.

ABavatov.

Elev, £€pn- Tovto pév O dnodedeixBat p@-
pHev; fj mdg Soke;

Kai pala ye ikavdg, @ Zokpateg.
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Then tell me, what in a body will gene-
rate life?

The soul, he said.

Does it always do this?

Why wouldn’t it?

Then isn’t it soul that always brings life
upon that which it occupies?

Indeed it brings.

Then is there something opposite to life,
or not?

There is.

What?

Death.

Then isn’t the opposite to which soul
brings never admitted, as we agreed be-
fore?

Indeed, most definitely said Cebes.
What then? What name did we call just
now the Form that does not admit the
even?

Uneven, he said.

And what do we call that which doesn’t
admit justice and the musical?
Un-musical and un-just.

It is; what do we call that which wouldn’t
admit death?

The un-dead.

Then isn’t it the soul that doesn’t admit
death?

Yes.

Then the soul is un-dead.

It is, he said; Would you say that we pro-
ved this, or how does it seem to you?
Indeed, sufficiently proved, Socrates.

Soul is that ‘whatever thing’ that gener-
ates life in a body. This answer matches the
povag that generates odd in an arithmos. As
noted previously, yvxn and povdg are decid-
edly different from fire and fever, the other
more subtle answers. It is not only that povag
and yoyn necessarily and sufficiently gener-
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ate their essential characteristics, being odd
and being alive, it is that what &pBuog and
Yoy are here is ambiguous; they have a double
existence. Number can exist abstractly, and
necessarily be odd or even by nature, such
as MEPLTTOG in 1) TPLAG, Kal 1) meuntag and all
the rest. (104a8) These are not sensible bod-
ies counted, but rather, collections of units
themselves. Or, number can be called odd or
even whenever it happens to exist in bodies,
such as the dptiog in ta dvo Kai & TETTAPA
and all the rest. (104b2-3) These are the sensi-
ble bodies that happen to be numbered, there
is nothing ‘by nature’ that makes them their
number. Sensible bodies have number; they
are not identified as their number. This dou-
ble existence matches that of yvxr. For soul
exists itself by itself, a sort of abstraction or
separation from the body, and soul can exist in
a body. Notice that bodies are not essentially
connected to soul, any more than bodies are es-
sentially connected to the equals themselves.?”
However, the unit is essentially connected with
its Form Odd. Movasg, itself by itself, carries
with it the Form character Odd and so makes
a collection of equals themselves ‘odd’ when-
ever a unit happens to be left over from them
being equally divided. Likewise, yvxn, itself
by itself, always carries with it the Form char-
acteristic Life and so ‘enlivens’ whatever body
itisin. Thus soul is essentially connected with
its Form Life. This is the force of line 105d2-3:

Yoy dpa 6Ty avTh Katdoxnt, del ket
¢m’ékelvo gépouca {wiv;

Therefore, whatever the soul occupies,
isn’t it always bringing life to it?

Soul always has and carries with it life,
and so it follows by nature that soul is always
with life. While it is clear at 105d2-3 that the

subject of katdoxnt is yvxmn, so, ‘occupies’
or ‘dwells in’ - katdoxnt here is used in a
double sense.*® Whenever the soul occupies,
it always carries with it life. But it follows too
that soul is occupied by that which it carries.
Not only is the soul compelled by what it car-
ries, in a certain sense, the opposite of what
it carries affects the soul and the body that
soul occupies. What is true for the soul is
true for whatever body it occupies, but only
when it occupies it. Right away we should
recall 104d1-3:

ap’ odv, Egn, @ Kéfng, tdde ein dv, &
6Tt v katdoxn un povov avaykalet
TV adT1od i8¢av avto loxely, AAAd kal
évavtiov avT® Aei TIvOoG;

But then Cebes, he said, wouldn’t they
be those things which compel whatever
they occupy to contain not only its own
Form but also always the Form of some
contrary?

The principle at 104d1-3 is recalled at
105d2-3. Together, they bring the logical for-
ce of the final proof to its conclusion. Notice
that Socrates moves from the opposite of the
soul’s essential characteristic life (death) to the
opposite of the essential characteristic of being
odd, at 105d13-15 with an unstated premise in
the proof. I suggest that the unstated premise
follows that of 105d2-3:

Movag dpa 8Tt dv avTh katdoynt, del fikel
€T EKETVO PEPOVOA TEPLTTOV;

Therefore, whatever the unit occupies,
isn’t it always bringing the odd to it?

If we agree that this premise is suppressed
in the proof, then we can track the logical



connection that Socrates makes, from the
soul being the generative cause of life in a
body (105¢9), and the exclusion of the op-
posite of soul’s essential characteristic which
gives soul its immortal status (105e7). Simi-
larly, the lone unit is the generative cause
of a multitude of equals being odd, i.e., the
character of being odd (105d13) and the ex-
clusion of their opposite, equal multitudes
being equally divided, that gives three objects
their uneven status. Now we can put together
the three texts we’ve discussed to examine
the final proof in the Phaedo.

Soul, itself by itself, is compelled by the
life-giving characteristic and necessarily
brings that characteristic to a body, making
that body alive. So, too, the trio of units are
compelled by that odd-giving characteristic,
the left over unit, povdag, and they necessarily
bring this characteristic to a trio of bodies,
making those bodies that happen to be a trio,
odd. The opposite of life is death, just as the
opposite of odd is even. While it is true that
the soul itself can never be dead (104d1-3)
because it will always exclude the opposite
character to which it necessarily carries, it
does not follow, as Strato and much later Keyt
and others following him would argue, that
the embodied soul will never die.* For yvxn
is not always in a body, just as sensible objects
do not always keep their number. This is the
force of the ontological distinction of non-
-sensible intermediates on the one hand and
sensible bodies on the other.

Though the participants agree that they’ve
proved the soul’s immortality (105e9) Socrates
continues, for he needs to keep his promise to
Cebes (88b, 95b-e) that the soul be &vawiebpov,
indestructible, as well as d0dvatov, immor-
tal.?> As Burnet’s note tells us, we still have
two possible alternatives. Even though the soul
will not admit death, Socrates still needs to
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show that the soul will ‘withdraw’ (the first
alternative) and not perish with the body (the
second alternative). The case of 0 d0dvatov
is, Burnet says, ipso facto aviwheBpov.*! This is
where many commentators find fault with the
final proof.*?

Bostock offers a reconstruction of the argu-
ment to demonstrate that Socrates is question

begging:

1. If there is anything that is indestructible,
then what is immortal is indestructible
(d2-4).

2. But there is something indestructible,
namely God and the Form of life (d5-7).

Therefore: What is immortal is indes-
tructible.®®

Bostock argues that the premises presume
the conclusion of what they are trying to prove,
and he says we have no reason to accept the
first premise anyway. Yet we can do better than
Bostock, as ‘one man’s begging the question
might be another man’s tacit assumption.™*
There is a way to unpack the hidden premises
in this very last stage of the argument. Recall
what has already been established in the first

part of the final proof:

1. When objects lose or gain character-
istics, they undergo change. (103b2-
-el)

2. When objects lose their essential char-
acteristics, they cease to exist. (103e2-
-103e5)

3. There are some objects that never lose
their essential characteristics. (103e6-
-104b1)

4.1 tptac and 1 yux1 never lose their es-
sential characteristics, ‘odd’ and ‘life’.
(104a3-8, 105d2-3)
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5. What never loses its essential char-
acteristic will always exclude that es-
sential characteristic’s opposite from
coming into being in that object.
(104c7-d3)

6. The opposite of odd is even, opposite
of life is death. (104d12-14, 105d6-9)

From premises 1-6, we can conclude that
1 tpLé will never be even, and soul will never
be dead. That is what the first part of the fi-
nal proof establishes, formally. Now, from the
conclusion that soul will never be dead, and
three will never be even, we get the following:

7. Whatever never loses its essential char-
acteristic is everlasting. (106al)

8. Whatever loses its essential charac-
teristic is not everlasting. (106b3-c8)

9. Soul never loses its essential charac-
teristic life. (105d3-e4)

10. Whenever a living body loses its soul,
it dies. (106e3)

11. Whatever has as its essential charac-
teristic, life, is immortal. (premises
1-6)

12. Whatever is immortal is everlasting.
(premises 7-11)

Therefore: A living body is neither immor-
tal nor everlasting (106e5). Soul, itself by itself,
is immortal and everlasting (106e9-107a).

So snow has its essential characteristic cold,
but it can lose this characteristic and it will
no longer be snow. Socrates may lose unes-
sential characteristics and still remain who
he is: whether Socrates is tall or short, he is
Socrates. Yet Socrates as a composite body and
soul is not everlasting because the composite
is an extended, sensible object. Moreover, be-
ing alive is not an essential characteristic to a
body, any more than a left over monad is an

essential characteristic to a multitude of units.
Although life is an essential characteristic for
Socrates being alive, his composite loses this
characteristic at death. Three, 1} Tpldg, on the
other hand, will always have the left over unit
in its multitude of equally divided units and so
will always be odd. Likewise, soul will always
carry life and so will never die, soul will always
be immortal. Therefore soul and three, since
they are objects that will always bear their es-
sential characteristics, are everlasting.

To demonstrate this last phase of the argu-
ment, it is instructive that Socrates begins with
apBpog, specifically, the neuter plural ta tpia
(106a) and not the feminine singular 1 tpidg
(104e8).* Socrates is using an embodied trio,
50, sensible particulars that happen to be three
and so odd, and not the abstract trio separated
from bodies for this part of his argument. The
embodied trio is not necessarily three, for at
any time another bodied unit could come along
or be taken away and the nepittog would with-
draw. So the triad of bodies are only temporar-
ily odd and so never everlasting: if the bodies
themselves were destroyed, then the trio would
withdraw. To speculate, Plato doesn’t use 1} tpLag
here because it is not the three itself that he
needs for the argument (for tpid¢ is by nature
odd); he needs to start with the embodied three,
just like he needs to start with the embodied
soul, to convince Cebes and Simmias that the
soul of Socrates is indestructible as well as im-
mortal once it separates from the body.

CONCLUSION

I have analyzed some of Plato’s passages in
the Phaedo with careful attention to povag and
its analogy with yvxn, and how they logically
connect the propositions in the final proof to the
conclusion that the soul is immortal, and since



it is immortal, soul is everlasting. While other
commentators point out the logical flaws and
inconsistencies in the arguments, I showed that
Plato avails himself two ontological distinctions
of number: as embodied in sensible particulars
and as abstract collection of units. In a similar
fashion, we should understand soul, like the unit,
to share this dual status, in that both can become
embodied and joined with sensible objects and
both can be understood as existing separately
from bodied particulars. Yet souls and units, al-
though understood as responsible for generating
characteristics in objects, are not Forms them-
selves, but bearers of Form characteristics, for
they are able to effect change in bodies, yet unlike
sensible objects, they never lose their essential
characteristics. Perhaps this dual role for souls
and units is due to their ontological status, ta
peta&d, between Forms and sensible particulars.
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NOTES

1 Rist 1964, 30.

2 Aristotle Metaphysics A. 992b16; Annas 1975,
148, 155, 162.

3 One might take issue with my use of Euclid’s

Elements, a text composed later than Plato in Alexan-
dria, to justify an interpretation of arithmetical objects
in Plato’s dialogues. Klein 1968, 43 conjectures that
Book X, which addresses incommensurables, which also
presupposes content from Books VII, VIII and IX, comes
from the ideas of Theaetetus. It is evident that Plato was
familiar with the work of Theaetetus as shown in the
dialogue named after him. Lasserre 1964, 16-17, tells us
that we learn from Proclus that there were several texts
called ‘Elements’ before Euclid’s, and that Euclid had
incorporated many of the mathematical principles from
the prior texts. This suggests that much of the content in
Euclid’s Elements was known to the Greek mathemati-
cians of the 4" century, BCE, and perhaps even earlier. It
is no coincidence that Plato’s treatment of arithmoi and
the accounts of odd and even is compatible with their
definitions found in Euclid. Accordingly, I have pointed
to other passages in Plato’s dialogues that are in accord
with the definitions and postulates in Euclid’s Elements.
4 Cf. Kanayama 2000, 74, ‘he [Socrates] grounds
the safety of the subtler answers on the safety of the old
safe answers.

5 E.g. Arist. Metaph. A 6, 987b15, 991b217-31,
992b16 and 995b17, Z 1028b18-21, K 1069a34-6, \
1076a19-21, M 1090a4-6, N 1090b32-1091a5, and also, see
Plato Philebus 16d7-e2.

6 Pritchard 1995, 14.
7 Burger 1984, 261n.9.
8 Cf. Burnet 1892, repr. 2018, 313, n. 42, “The use

of the zero was unknown in antiquity, and this made all
modern arithmetical methods impossible.”

9 For example, Gallop 1993, 97, Schiller 1967, 57,
Bluck 1957, 119, Haynes 1964, 18, Rist 1964, 29-30 claim
there is no distinction.

10 In the Theatetus at 198d8-c10 Socrates dis-
cusses the knowledge of number, as it applies to apiBpoi
in the soul and the external objects that possess them.

In Philebus at 56d-e, Socrates distinguishes the counting
that the ordinary arithmetician does, with unequal units,
and the counting that the philosopher does, with equal
units. See Lasserre 1966, 22-25.

11 Schiller 1967, 57 is the exception, who under-
stands the difference between ta tpia and 1j tpiag as the
number three, ‘which is different from things (which it
occupies) and threeness (which occupies it)”.

12 Burger 1984, 261n.9.

13 Burger 1984, 261 n.9.

14 A similar ‘by nature’ claim was established
previously in the text at Phaedo 103c1-2.

15 Cf. Kanayama 2000, 52.

16 Greek texts are from J. Burnet, 1900 and 1901

and W.D. Ross, 1924. http://stephanus.tlg.uci.edu/Iris/

indiv/browser.jsp#doc=tlg&aid=0059&wid=004&q=PLA
TO&st=0.

17 There is much debate in the literature
regarding the status of these characteristics. They can
be ‘immanent Forms’, ‘Forms’, or sensible qualities or
characteristics.

18 We should understand ‘body” here to be also
a ‘figure’, where Socrates says in the Meno at 75a-76a that
a figure has color. It follows that all bodies/figures are
perceptible through sense perception. For discussion, see
Heath 1981, 292-293.

19 Pritchard 1995, 150-151.
20 Klein 1968, 46-60; Pritchard 1995, 15-16, 63-78.
21 For example, three multiplied by three is a

square arithmos, while three multiplied by four is an
oblong arithmos.

22 Klein 1968, 57.

23 Contra Kanayama 2000, 82, who says that the
unit, while never admitting the Form of the Even, is not
odd since it is not a number. While it is true that the unit
is not a number, and so not an odd number, it doesn’t fol-
low that it is not odd.

24 Euclid IX, proposition 27 says that, ‘if from an
odd number an even number be subtracted, the remain-
der will be odd.” Thus, it is obvious if one takes three, an
odd number, and subtracts from it two, an even number,
the remainder will be ‘one’, which is not a number, but is
nevertheless, odd. I used Heath’s translation of Euclid’s
Elements from 2012.

25 Burnet 1911, reprinted 1959, 105.

26 Kanayama 2000, 82.

27 Bluck 1955, 124.

28 Hackforth 1955, repr. 1991, 162.

29 Bluck 1955, 75.

30 Hackforth 1955, repr. 1991, 158n.2. He

cites Stobaeus, Ecl. I, but we need not use Stobaeus, for
nepttTo6 is in Euclid’s 7% definition in Book VII of his
Elements.

31 Prince 2011, 22-27, at 27, ‘Socrates’s overall ar-
gument does not succeed’; Bostock 1989, 184-191, at 191,
‘there is still a gap in the argument’ i.e., that soul must be
shown to be a proper cause of life; Keyt 1963, to name a
few.

32 Bostock 1986, repr. 1989, 185. Bostock is refer-
ring to Phd. 104 d6, 1) t@v tp1dv idéa, which could mean
‘the Form of three’ but it could also be ‘the Form of three
things’, which would be mepittég.

33 Bostock, 1989, 188.
34 Schiller 1967, 51-58.
35 Cf. Philebus 56d4-57a4, where Socrates and

Protarchus distinguish between two kinds of calculating
and measuring, one practiced by merchants and builders,
the other practiced by the philosophers. The main differ-
ence is that the first calculate and measure with unequal
units, povadag dvicovg (56d9-10) whereas the philoso-
phers calculate and measure with an infinite many equal
units, (56e2-3). Also see Theaetetus 198c1-2, where a man
can count numbers alone, adTOG TPOG AVTOV AVTA, OF
count that which has number.



36 Altman 2016, 377-378.

37 In fact, we could understand a body as simply
a collection of unequal Form characteristics.

38 Schiller 1967, 53-57.

39 Hackforth 1955, 195-197, translates the objec-

tions of Strato which were noted in Olympiodorus’s com-
mentary on the Phaedo, no. B ‘Objections to the Principle
of Exclusion of Opposites.” Keyt 1962, 172, imputes to
Plato a fallacy of composition.

40 Rowe 1993, 262.
41 Burnet 1911, 123.
42 Kanayama 2000, 97, says that Socrates leaves

this principle, that whatever is d0dvatog is indestructible,
unexamined. Hackforth says that really nothing more
has been shown Hackforth 1955, 164. Williamson calls it
‘logically worthless’, Skemp calls this move ‘a blatant peti-
tio principii’ Williamson and Skemp are quoted in Bluck
1955, Appendix Nine, “The Proof of the Soul’s Indestruc-
tibility,” 188.

43 Bostock 1986, 192.
44 Pakaluk 2003, 92.
45 After 1048, Socrates doesn’t use the singular

feminine of 1} TpLé.
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